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f i f t h H a t e r School (197?) 

Bore! and weakly Borel s e t s in Banacli apacte 

by D.Preiss, Prague 

The following interest ing theorem was proved bj Edgars 

Theorems I f a Banach space B admits an equivalent l oca l l y 

uniformly rotund norm then weak «ad s t rong Borel s e t s in B 

coincide* 

•Since i t does not seem to be general ly known i t tmj be wr t&~ 

while to sketch here it& proofs For A C E dethm nL l,A} t. 

• *n;* \ £T >• 0 2 ^ A » i > B ( x / ) f t A i s a wtfelt irj,#ighhour'*v>o$ 

of ?f v,i 4 ? <• l'f% .for ?i?Xj? B'-' Usr£*a"ji ©, ., the sj'paee i:« n?i/;\ t^ 

rv/her-c- *v?****•; &«d s t roag topology coincide* «€*'! 3 (&„*•#• ^ 

'•'• t^a & < II M II <%r } (nf"tr mtimml mm*bBTe) and 1st B'*'hi ./*<} 

0€ f,r;î  y«io,a of all! tveafcl^ o p s ftubftetft of Sicw/^l witir c!l/.>^ 

«it*i:er l e s s then £ « Since <£» {$& (n^^r)} < t- „ I t i s -auftir.'j.w 

ttt prove tha t for each fa > 0 trie setn S ^ ( u 3 •*«?'"> aso'ver* B , 

I t :ic C B then B(xf | -}» £ y ; I y tf « II * II , f < 'f:[ > <jr ~* > > I-> J ) 

for some x'± € B* , II x | II * I , <f > Q * aeo&iiig n,< II z II ^ & 

s u f f i c i e n t l y c lose t o 1 a II we find thai BCx f i 5 ia a wesk 

afcigfrbourhood of JK in. OCu^i'r)^ thu*s i u ^ ^ H j ^ ' ) * 
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Let us reaark that B admits a UJR norm if it is weakly 

coapactly generated or, more generally, weakly analytic 

(as was recently shown by VaSak) • Let us also remark that 

recently Talagrand proved that in £ weakly and strongly 

Borel sets do not coincide. 


